Preorders

Definition 116 Apreorder ( P, C ) consists of a set P and a relation
C onP (i.e. C € P(P x P)) satisfying the following two axioms.

» Reflexivity.
Vx e P. xCx
» Iransitivity.

Vx,y,ze P. ( xCy NyCz) = xLCz

— 354 —



Dﬁe; A Pefbw( e (PE) 6o preecder
ga{{sf\a\w} AT SYmMETRY > Thel o,
Vg eP @Eyaylr) = 75,
Examples: !9 ? ‘a S ?
» (R, <)and (R, >).
> (P(A),C) and (P(A), 2).

> (Z, |).

Fr M «,MTA%;A‘L%S n, we heve " [-n

md buT nf-n.



Theorem 118 ForR C A x A, let
Jr = {QCAXA | RCQ A Qisapreorder} .

Then, (i) R°* € Fr and (ii) R°* C () Fr. Hence, R°* = () k.
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