Merging HOL with Set Theory 33

Group Theory Example (QED)

ffl Assume

x ffl (y ffl z) = (x ffl y) ffl z
x ffl – = x
x ffl ¸x = –

ffl Then

¸x ffl x = ¸x ffl (x ffl –)

= (¸x ffl x) ffl –
= (¸x ffl x) ffl (¸x ffl ¸(¸x))

= ((¸x ffl x) ffl ¸x) ffl ¸(¸x)

= (¸x ffl (x ffl ¸x)) ffl ¸(¸x)
= (¸x ffl –) ffl ¸(¸x)
= ¸x ffl ¸(¸ x)

= –

ffl Hence_–

ffl x = (x ffl ¸x) ffl x

= x ffl (¸x ffl x)
= x ffl –

= x

Mike Gordon November 30, 1994