Merging HOL with Set Theory 25

Example Laws

Some are axioms, some are theorems

|T| = True |F| = False

∀x. x ∈ Bool ⇒

(|¬| ⋄ x = bool2Bool(¬(x = |T|)))

∀f X.

f ∈ (X → Bool)

⇒

((|∃| X) ⋄ f =

bool2Bool(∃x. x ∈ X ∧ (f ⋄ x = |T|)))

∀X x y.

x ∈ X ∧ y ∈ X

⇒

(((|=| X) ⋄ x) ⋄ y = bool2Bool(x = y))

∀X x y.

x ∈ X ∧ y ∈ X

⇒

((x = y) = (((|=| X) ⋄ x) ⋄ y = |T|))

Mike Gordon November 30, 1994