Merging HOL with Set Theory 12

Auxiliary Notions (1)

• Empty set legitimates ∅ where: ∀x. ¬(x ∈ ∅) • Union legitimates S where:

∀s x. x ∈ Ss = (∃u. x ∈ u ∧ u ∈ s) • Power sets makes use of ⊆ where:

s ⊆ t = ∀x. x ∈ s ⇒ x ∈ t

and legitimates P where: ∀s x. x ∈ P s = x ⊆ s • Separation legitimates the notations:

– {x ∈ s | p[x]} – {t[x_1,: : :,xn ] ∈ s | p[x_1,: : :,xn ]} and ∩ (used in Foundation ) where:

s ∩ t = {x ∈ s | x ∈ t}

Mike Gordon November 30, 1994